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Hilbert $x,$ $y,$ $\mathrm{z}$
$|x+_{\mathcal{Y}}|+|y+z|+|\overline{\mathrm{c}}+X|\leq|x|+|y|+|z|+|x+y+z|$








Theorem 1. Let $X$ be a real (or complex) Banach space and $s,$ $r\geq 1$ . Then
$(|X+y|^{s}+|_{\mathcal{Y}}+ \mathrm{Z}|^{S}+|\mathrm{Z}+X|^{S})^{\frac{1}{s}}\leq 2^{\iota\frac{2}{r}3}-\frac{1}{s}(|x|^{r}+1^{y}|^{\gamma}+|z|\gamma+|X+_{\mathcal{Y}^{+\mathrm{Z}1^{\gamma}1^{\frac{1}{r}}}}$
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holds for all $x,$ $y,$ $z\in X$ .
$X_{1},$ $X_{2},$ &\in X $p\geq 1$
$E| \epsilon_{1}x_{1}+\epsilon_{2^{X_{2^{+n}}}}\epsilon_{3}|^{p}=\frac{1}{8}\sum_{\mathrm{x}\epsilon,j=113}|\leq j5\epsilon\iota^{x_{1^{+\epsilon_{2^{X_{2^{+}}}}}}}\epsilon 3^{X_{3}}|^{p}$
$u=a,$ $b,$ $c\in X$
$|u| \leq E|\epsilon a+1\epsilon_{2}b+\epsilon c3|\leq(E|\epsilon_{1}a+\epsilon_{2}b+\epsilon|^{r}3^{C}\mathrm{I}\frac{1}{r}$





$(|a|^{s}+|b|S+|C1s)^{\frac{1}{s}} \leq C\cdot 2\frac{2}{r}-1(E|\epsilon_{1}a+\epsilon_{2}b+\epsilon_{3^{C}}|^{r}1^{\frac{1}{r}}$
$(\#)$ $C(s, r;X)$
$c(S, r;x) \leq 2^{1}-\frac{2}{r}\cdot 3^{\frac{1}{s}}$ $X=l_{n}^{\infty}(R)(3\leq n\leq\infty)$
$C(s, \gamma;x)=2^{1}-\frac{2}{r}\cdot 3^{\frac{1}{s}}$ $C(S, \Gamma;X)\neq 2^{1}-\frac{2}{r}\cdot 3^{\frac{1}{s}}$
Hilbert
$C(s, r;R),$ $C(s, \gamma;R^{2}),$ $C(s, \gamma;R)3$
( )
$\min(S,$ $\frac{s}{s-1})\leq\gamma$
Theorem 2. Let $\mathrm{H}$ be a real Hilbert space. Then
(i) $C(s, r;H)=2^{1-\frac{2}{r}}$ for $2\leq s<\infty,$ $\frac{s}{s-1}\leq r<\infty$ and $\dim H\geq 1$ .
(ii) $C(s, r;H)=21- \frac{\wedge}{r}\cdot 3^{\frac{1}{s}-\frac{1}{2}}$ for $1\leq s\leq 2\leq\gamma<\infty$ and $\dim H\geq 3$ .
(iii) $C(s, \gamma;H)=2\cdot 3\frac{1}{s}(3^{r}+3)^{-^{1}}$’ for $1\leq s\leq r\leq 2$ and $\dim H\geq 1$ .
:(i) $( \frac{s}{s-1}, s)$ -Clarkson $L_{p}-$ $\mathrm{P}$
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$(\#\#)$ $x=y=a(\neq 0),$ $z=-a$ $\circ$
(ii) $(2, 2)$ -Clarkson $L_{p}-$ $\mathrm{P}$
$(\#\#)$ $X=e_{2}+e3^{-e}1’ y^{=e_{3^{+e_{1}}}}-\mathcal{E}\mathrm{z}2’-=e_{1}+e_{2}e_{3}$
$\{e_{1}, e_{2}, e_{3}\}$
(iii) $\mathrm{F}\mathrm{i}\mathrm{g}\mathrm{i}\mathrm{e}\iota-\mathrm{I}\mathrm{W}\mathrm{a}\mathrm{n}\mathrm{i}\mathrm{e}\mathrm{C}^{-}\mathrm{p}\mathrm{e}\mathrm{l}\mathrm{c}\mathrm{Z}\mathrm{y}\mathrm{n}\mathrm{S}\mathrm{k}\mathrm{i}$ $[3]_{\text{ }}$ $L_{p}-$ $\mathrm{P}$
$(\#\#)$ $x=y=z=a(\neq 0)$
(ii)
Theorem 3. $C(s, \gamma;R)<C(S, r;R3)$ for $1\leq s<2$ and $r> \frac{\log 4}{\log 3}(-2+\frac{4}{2-s})$ .
Let $1\leq s,$ $r\leq\infty$ , and set
$A=:p_{4}^{1}(x)arrow p_{4}^{s}(x)$ , $B=:l_{4}^{1}(X)arrow l_{4}^{1}(X)$
and
$D=:l_{4}^{1}(x)arrow P_{4}^{S}(\mathrm{x})$ .
Then we have $A=DB,$ $C(S, r;X)=|D:{\rm Im}(B) arrow l_{4}^{S}(X)|=\sup_{X\in \mathrm{h}\mathrm{n}(B)}\frac{|Dx|_{s}}{|x|_{r}}x\prime 0$ and
${\rm Im}(B)=(\mathrm{K}\mathrm{e}\mathrm{r}B^{*})^{\perp}=$ $-1111]^{\perp}$ , where ${\rm Im}(B)$ denotes the image of $B:l_{4}^{r}(x)arrow l_{4}^{r}(X)$ . On the
other hand, if $1\leq r<\infty$ , then $|x|_{\infty}=_{\iota} \max_{\leq j\mathrm{s}4}|x_{j}|\leq|X|_{\gamma}\overline{\approx}(\sum_{j--1}4|x_{j}|^{r)|x|_{\infty}}\frac{1}{r}\leq 4^{\frac{1}{r}}$ for all
$x=\in X^{4}$ . Then we have
$C(s, r;X)\leq C(s, \infty;X)\leq 4^{\frac{1}{r}}c(S, r;x)(1\leq\gamma<\infty)$ and $\lim_{rarrow\infty}C(s, r;x)=C(s, \infty;X)$ .
In what follows, we consider the case of $X=R$ . Then we have
(22) $C(s, \infty;R)=|D:{\rm Im}(B)arrow l_{4}^{s}(R)|=\max_{Be\in e\lambda \mathrm{r}B1({\rm Im}())}|De$ $|_{s}$ .
Also since ${\rm Im}(B)$ is a hyper plane of $l_{4}^{\infty}(R)$ , it follows that an extreme point of
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$B_{1}({\rm Im}(B))$ is on the straight line segment combined with two extreme points of $B_{1}(P_{4())}^{1}R$
(cf. [1]). Then we have $extB_{1}({\rm Im}(B))\subseteq_{0\leq\forall_{\leq 1}}E_{\lambda}\subseteq B_{1}({\rm Im}(B))$ , where $E_{\lambda}$ denotes the set of
all $\eta_{\epsilon_{4}}^{\epsilon_{1}}.]+(1-\lambda)\in R^{4}$ such that
(i) $\max_{1\leq j\leq 4}|\lambda\epsilon_{j}+(1-\lambda)\epsilon’|j=1$ ,
(ii) $\lambda(_{\mathcal{E}_{1^{++}}}\epsilon\epsilon_{3^{-\epsilon_{3}}})2+(1-\lambda)(\epsilon_{1}’+\epsilon’+2\epsilon’ 3-\epsilon’)3=0$ ,
(iii) $\epsilon_{j}=\pm 1,$ $\epsilon_{j}^{\mathrm{t}}=\pm 1(j=1, \cdots, 4)$ ,
(iv) $\neq$ mm case of $0<\lambda<1$ . :
By considering the suitable cases, we can conclude that
$C(s, \infty;R)=\max(2,2^{\frac{1}{s}},$ $\frac{2}{3}\cdot 3^{\frac{1}{s}})=2$ for $1\leq s<\infty$ .
On the other hand, solve the inequality $2<2^{1-_{r}}\perp\cdot 3^{\frac{1}{s}\perp}-2(1\leq s<2, r\geq 1)$ for $r$ . Then we
obtain that $r> \frac{\log 4}{\log 3}(-2+\frac{4}{2-s})$ . Therefore we obtain the desired result.
$C(S, \Gamma;R)<C(s, r;R2)<C(s, r;R^{3})$
$\min(s,$ $\frac{s}{s-1})>\gamma$ U. Haagerup
$C(2, \gamma;H)=2^{\frac{1}{2}-}\frac{1}{r}$ for $1\leq r\leq\gamma_{0}(=1.84742\cdots)$ (where $r_{0}$ is the unique solution of the
equation: $\Gamma(\frac{r+1}{2})=\tau(\frac{3}{2}1,1<r<2$ ) $C(2, r;H)$ for
$r_{0}\leq\gamma<2$
(cf. [4]). [6], [7], [8], [9], [10]
Theorem 4. If $1\leq\gamma\leq s<\infty$ , then $C(s, r;R)=C(S, r;H)$ for all non-trivial real Hilbert
space $H$ .
: Minkowski X
cotype X- Bochner $L$,
cotype Hilbert
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$L_{p}(R)(p\geq 1)$ (cf. [3, P. 1231)
$r=1$
Theorem 5. If $1\leq s<\infty$ , then $C(S, 1;H)=2 \frac{1}{s}-\iota$ for all non-trivial real Hilbert space
$H$ .
Preserve the notations in the proof of Theorem 3. Note first that the extreme points
of the unit ball of $P_{4}^{1}(R)$ are
$\pm,$ $\pm,$ $\pm,$ $\pm$ .
Since an extreme point of the unit ball of ${\rm Im}(B)$ is on the straight line segment combined
with two extreme points of the unit ball of $l_{4}^{1}(R)$ , it follows from an easy computation that
the extreme points of the unit ball of ${\rm Im}(B)$ belong to the set of the following vectors :
$\pm,$ $\pm,$ $\pm,$ $\pm[_{-\frac{1}{2}}^{0}0\frac{1}{2}$ , $\pm[_{\frac{}{2}}^{0}\frac{1}{2,01}],$ $\pm[_{\frac{\frac{1}{21}00}{2}}]$ .
Hence we have
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